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Abstract—Microfluidic networks can be applied to
droplet-based Lab-on-a-Chip devices, where droplets are used to
confine samples which flow through closed microchannels along
different paths in order to execute (bio-)chemical experiments.
In order to allow this routing of droplets, the design of the
microfluidic network has to be precisely defined and afterwards
fabricated. However, neither the fabrication process nor the
applied materials and components are perfect and, therefore,
the fabricated microfluidic device frequently contains defects
(produced by fabrication tolerances, properties of the used
material, or fluctuation of supply pumps). Those may have a
severe impact on the behavior of the microfluidic network and
can even render the network useless. Furthermore, these defects
complicate the design process, which eventually results in a
“trial-and-error”-approach causing high costs with respect to
time and money. Consequently, designers want to anticipate
how robust their design is against those defects. This work, for
the first time, describes how these defects can be abstracted,
which eventually allows to evaluate the robustness already in the
design process. We additionally introduce models considering
single and multiple defects as well as corresponding methods
for their analysis. Evaluations on a microfluidic network which
is used to screen drug compounds confirm that the resulting
robustness analysis indeed provides designers with a simple
metric to decide how sensitive their design is against defects.
The models and methods proposed in this paper are grounded
on the established one-dimensional analysis model.
Index Terms—Droplet microfluidics, microfluidic networks,
robustness

I. I NTRODUCTION
Microfluidics deals with the manipulation and control of
small amounts of fluids, usually in the order of a few micro- to
pico-liters, and is frequently applied for Lab-on-a-Chip devices. Especially, the microfluidics platform where droplets
are used to confine certain samples allows to conduct a broad
range of chemical and biochemical experiments [1] and is a
powerful high throughput platform [2]. In this platform, such
droplets flow through closed microchannels (called channels
in the following) inside a second immiscible fluid (called
continuous phase) which acts as a carrier for the droplets and
is driven by pumps. In order to manipulate and route droplets
inside a microfluidic network passive hydrodynamic effects can
be exploited and, thus, no active components such as expensive
valves or control logics are required [3], [4]. Besides that,
microfluidic devices can be realized rather easily using a base
material such as Polydimethylsiloxane (PDMS) and fabrication
techniques such as soft-lithography, 3D-printing, or milling
techniques [5].
However, the passive effects mentioned above depend on
various factors such as the channel dimensions, the applied

pressures, the used fluids, and even on the positions of the
droplets inside the network. Furthermore, neither the fabrication nor the used materials are perfect, i.e., the fabrication
accuracy is limited by tolerances, or soft materials, such as
PDMS, deforms under pressure or swells for some organic solvents1 . Finally, in order to supply the network with particular
fluids, peristaltic and/or syringe pumps are used which may
lead to fluctuations in the respectively generated supplied force
(e.g. pressure drops in case of peristaltic pumps or changes in
the volumetric flow rate in case of syringe pumps). Eventually,
this will significantly affect the flow rates in the channels and,
hence, may have a severe impact on the overall behavior of the
microfluidic network. Furthermore, those defects complicate
the design process as they are hard to be anticipated—resulting
in a “trial and error” design approach.
At the same time, it certainly is possible to design a
microfluidic network in a fashion which is robust against those
defects, e.g., by adjusting the channel geometries so that, even
if certain defects occur, the correct functionality of the device
is still guaranteed. However, thus far, it is not possible to
evaluate the robustness of a design against such defects for
a microfluidic network. Consequently, many designs are just
realized without really knowing the chances of actually getting
a working device realized.
In other technologies like digital microfluidic biochips
(utilizing electrowetting on dielectric) or flow-based biochips
(utilizing valves), reliability, fault-tolerance, and error recovery
have been investigated in detail (see e.g. [10], [11], [12]). In
this work, for the first time, we are addressing this issue for
microfluidic networks with passive droplet routing. To this
end, we
•
•

•

discuss what defects usually may occur and how to
consider them already during the design process,
propose particular robustness models which give designers the possibility to evaluate their microfluidic design
for its robustness against any of those defects, and
introduce corresponding methods to analyze the robustness of a microfluidic network with respect to these
models.

The resulting models and methods are grounded on the
one-dimensional (1D) analysis model [13], which is commonly used for designing microfluidic networks and is based
on the duality between electrical and microfluidic networks.
1 That these defects likely occur in fabricated devices, is discussed in
previous evaluations such as [6], [5], [7], [8], [9].
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Fig. 1: Sketch of a microfluidic network.

The robustness models and methods are demonstrated on
a microfluidic network [9] which is used to screen drug
compounds. Those evaluations show that the resulting approach enables designers to evaluate the robustness of their
designed microfluidic device prior to fabrication. By this,
it provides designers with a simple metric to decide how
sensitive their design is against defects and, in case the design
is considered not robust enough, to correspondingly adjust it
prior to fabrication. Furthermore, the models proposed in this
work presents the basis for design methods which inherently
obtain robust designs.
The remainder of this paper is structured as follows: In the
next section, we review the basic principles of microfluidic
networks as well as the considered model of microfluidic channels and droplets. Furthermore, we introduce a microfluidic
network which we use as running example throughout this
work. Afterwards in Sec. III, we investigate possible defects
in microfluidic devices. In Sec. IV, we introduce different
robustness models, which are able to consider such defects.
The analysis of the robustness models as well as the simulation
framework which is exploited for this analysis are described
in Sec. V. Finally, the results obtained with these models and
methods are presented and discussed in Sec. VI before the
paper is concluded in Sec. VII.
II. BACKGROUND
To keep this work self-contained, this section first briefly
reviews microfluidic networks as well as the underlying
1D analysis model. Afterwards, the microfluidic network [9]
is introduced which is used to illustrate the concepts of the
proposed robustness analysis in the remainder of this paper.
For a more detailed treatment on the issues reviewed here, we
refer to the respectively provided references.

A. Microfluidic Networks
The major components of a microfluidic network are
sketched in Fig. 1. Here, pumps produce a flow of the
continuous phase and a flow of the dispersed phase. When both
phases meet, e.g., in a T-junction, droplets are formed [1] and
injected into the network (as highlighted in the left detail of
Fig. 1). Afterwards, the droplets are routed through different
components, e.g., a mixing module, a heating module, and
a detecting module which are all used to process different
operations. More precisely, the mixing module is used to
mix the reagents inside a droplet, while the heating module
increases the temperature of the droplets and, by this, triggers a
reaction between these reagents. Finally, the detecting module
is used to screen the droplets in order to evaluate the reaction
of the reagents.
In order to control which paths are taken, a passive routing
mechanism is employed which relies on bifurcations (highlighted in the right detail of Fig. 1). Here, the successor
channels (named c1 and c2 in the figure) realize different
hydrodynamic resistances, which are mainly defined by the
channel geometries (i.e. the smaller the diameter and/or the
longer the channel, the higher the resistance) and viscosity of
the continuous phase.2 A droplet will always enter the channel
with the lowest resistance [14], [15] or, in other words, with
the highest instantaneous flow rate, i.e., channel c1 in the
considered case (called the default successor). However, if the
droplet should enter the other channel, again hydrodynamic
effects can be exploited. In fact, the presence of a droplet
inside a channel increase the hydrodynamic resistance of
the channel e.g. through their viscosities, droplet size, and
2 A bypass channel [14] connects the endpoints of the two successor
channels. This bypass cannot be entered by any droplet and is used to make
the droplet routing only dependent on the resistances of the successors.
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geometry as studied e.g. in [16], [17], [18]. This has the effect
that, when the network is properly designed, the resistance of
the default successor becomes larger than the resistance of the
non-default successor, i.e., a droplet may temporarily block
the default successor for following droplets. This allows to
route a second, closely following, droplet into the non-default
successor (as shown in the right detail of Fig. 1).
These concepts allow to route droplets along arbitrary
paths through a microfluidic network. More precisely, if the
actually considered droplet is supposed to take a non-default
successor at any bifurcation in the network, it has to made
sure that another droplet arrives before and flows through
the default successor (i.e. this droplet temporarily blocks the
default successor for closely following droplets) [19]. Corresponding methods for determining proper droplet sequences
as well as physical realizations of the respectively needed
droplet-on-demand functionality have been proposed in [20],
[21] and [22], [23], [24], respectively. Overall, this allows for
the realization of various experiments and applications by the
microfluidic network.
B. 1D Analysis Model
The concepts reviewed above can be physically described
using, e.g., the 1D analysis model covered in [13], [25]. This
model exploits the fact that, in microfluidic devices, the flow
of the fluids usually occurs at low Reynolds numbers (i.e. the
ratio of inertial to viscous forces is rather small due to the
small channel sections and relatively small flow rates). Hence,
inertial effects such as gravity, separation, secondary flow,
and turbulence are negligible and the pumps produce a fully
developed and laminar flow [8]—allowing to describe the flow
using Hagen-Poiseuille’s law [26], [13]
∆P = Q · R,

(1)

where Q is the volumetric flow rate, ∆P the pressure gradient,
and R the hydrodynamic resistance. Note that a duality between Hagen-Poiseuille’s law in the microfluidic domain and
Ohm’s law in the electrical domain exists. In fact, all concepts
and laws of the 1D model are equivalent to the corresponding
laws for electrical circuits which is why this description is also
common in the respective literature [18], [27], [13].
Each channel poses a hydrodynamic resistance R against
the flow, which depends on the geometry of the channel but
also on the dynamic viscosity of the continuous phase µc . For
rectangular channels with width w, height h, and length l as
well as a section ratio h/w < 1, the hydrodynamic resistance
is defined by [17]
a µc l
,
w h3
where a denotes a dimensionless parameter defined as

 π w −1
192 h
a = 12 1 − 5 tanh
.
π w
2h
R=

(2)

(3)

Furthermore, not only channels pose a resistance but, as
reviewed above, also the presence of droplets inside a channel.
When droplets have a minimum distance of typically a few

3

channel sections, their flow perturbations do not interact anymore [25], which allows to model each droplet as an additional
resistance. The work in [16] proposed a rule that each droplet
with length Ld increases the resistance of the segment of the
channel it occupies by 2−5 times, when the Capillary number
and the ratio between the dispersed and continuous phase are
small (i.e. Ca < 0.01 and µµdc < 0.1). In the following,
we assume a factor 3, i.e., the hydrodynamic resistance of
a droplet can be described by
Rd =

3 a µc Ld
.
w h3

(4)

A channel containing n droplets has, therefore, a total resistance of
R∗ = R + nRd .

(5)

Finally, the pumps produce a force which can be a constant
flow rate Qin (e.g. by using syringe pumps) or a pressure
gradient ∆Pin (e.g. by using peristaltic pumps). The following two rules allow to describe the distribution of the flow
rates/pressure gradients produced by the pumps and are similar
to Kirchhoff’s laws in the electrical domain:
•
•

The sum of flow rates in a microfluidic network meeting
at any point is zero.
The sum of directed pressure gradients around any closed
loop in a microfluidic network is zero.

These two laws allow to setup an equation system which
can be used to determine the flow state for all channels. The
flow state of a channel determines the instantaneous speed
of the continuous phase by dividing the flow rate Q with the
cross-section of the channel A = w ·h. Using this speed of the
continuous phase and multiplying it with a slip factor α, allows
to determine the instantaneous speed of the droplets. However,
the flow state as well as the speed of the droplets change as
soon as (1) a new droplet is injected, (2) any of the droplets
enters another channel, or (3) any droplet exits the microfluidic
network, which requires to adapt the equation system (i.e. add,
move, or remove the resistance of the droplets) and to re-solve
it.
The obtained flow state can also be used to check pressure
gradients whether or not they exceed the Laplace pressure,
which e.g. would cause a droplet to be squeezed through a
gap. The Laplace pressure is defined by [28]
 


2
1
2
2
+
−
+
,
(6)
∆PLap = γ
wgap
h
rd
h
where γ is the interfacial tension, wgap the width of the gap,
and rd the droplet radius.
By all this, the behavior of a microfluidic network and
the droplets in it can be described, as confirmed in previous
evaluations such as [8], [9], [6], [5], [7], [13]. Moreover, the
model has already been successfully applied in simulation (see,
e.g., [29]) or design automation (see, e.g., [30], [31], [32]). To
ease the user, also corresponding simulation approaches are
available, e.g., in [27].
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C. Considered Running Example
In order to demonstrate the robustness analysis of microfluidic networks proposed in this work, we consider the microfluidic network introduced in [9] as a running example. This
network realizes trapping wells, which are able to trap, merge,
and mix droplets from two different droplet streams. With the
help of these trapping wells, the network is able to screen drug
compounds that inhibit the tau-peptide aggregation. Because
the reagents cannot be premixed for real-time monitoring, the
reaction needs to be triggered on demand, which is achieved by
the trapping wells. Overall, this allows to significantly reduce
the sample consumption volume by a factor of 100 compared
to the approach with traditional 96-well plates. Moreover, the
resulting network allows to reduce the reaction time from
2 hours to several minutes.
Details of the design are provided in Fig. 2 which focus on
a single trapping well pair (the network itself has multiple
trapping wells which are connected in series). As already
mentioned, the trapping well pair is connected with two
different droplet streams, where the droplets transport two
different reagents. In Fig. 2 these streams are represented by
the upper path and the lower path, which are marked by blue
and red arrows, respectively.
When a droplet flows along the path of a stream, it reaches
the entrance of the corresponding trapping well (i.e. point P1
or P4 ). If the trapping well does not contain a droplet yet,
the droplet flows into the trapping well, because the flow rate
of the bypass channel is smaller than the flow rate into the
trapping well, i.e., Qc2 > Qc5 or Qc7 > Qc10 . Furthermore, a
trapped droplet must not be squeezed through the gaps behind
the trap and, therefore, the pressure drops P2 −P3 and P5 −P6
must not exceed the Laplace pressure. Similar, the droplet
must not be squeezed into the other trapping well, which
implies that the pressure drop |P2 − P5 | must not exceed the
Laplace pressure as well. Droplets which reach the entrance
of an already occupied trapping well should be routed into the
bypass channel towards the next trapping well, which is only
possible, if the flow rate of the bypass channel is larger than the
flow rate into the trapping well, i.e., Qc5 > Qc2 or Qc10 > Qc7 .
This is achieved by the trapped droplet, which blocks the down
stream gaps of the traps and, therefore, reduces the flow rate
into the trapping well drastically. As soon as two droplets are
contained inside two connected trapping wells, they begin to
merge and their reagents start to mix and react.
How to efficiently design (and, at the same time, satisfy all
these constraints) as well as how to realize such a network
is described in previous works [9], [29]. In the following, we
use this network as an example for illustrating how to analyze
robustness of this design against defects.
III. D EFECTS IN M ICROFLUIDIC N ETWORKS
After a design of a microfluidic network is obtained, the next
step is usually the fabrication process. In an ideal scenario,
i.e, under perfect fabrication conditions and using perfect materials as well as pumps, a correspondingly obtained physical
realization of the network would show exactly the same behavior as considered before using the physical description (or

Fig. 2: Trapping wells as proposed in [9].

a corresponding simulator). However, neither the fabrication
process nor the respectively used materials and pumps are
perfect. In fact, the following defects are frequently observed
in fabricated microfluidic devices:
•

•

•

Fabrication tolerances: Depending on the fabrication
process (e.g. soft-lithography techniques, 3D-printing,
milling, or others), different fabrication tolerances occur [8]. This may lead to fabrication errors since the microfluidic network is eventually not as exactly fabricated
as specified.
Pressure induced deformation and swelling of PDMS:
PDMS is the most common material used for producing
prototypes of microfluidic networks due to its properties
(PDMS allows for a rapid and low-cost fabrication, is biocompatible for many experiments, and is transparent) [5].
Despite these advantages, however, PDMS may deform
under pressure-driven flows, which eventually affects the
flow rates and pressure drops. These deformation effects
have been theoretically and experimentally analyzed (a
comprehensive overview is provided in [5]). Furthermore,
some organic solvents (e.g. hexadecane, dichloromethane,
and toluene) may swell the PDMS as well. For example,
the experiments in [7] observe changes of up to 20% in
the channel width due to swelling.
Fluctuation of supplying pumps: In order to supply
the network with the required continuous and dispersed
phase, pumps are installed at the network boundaries.
However, these pumps are not ideal and can fluctuate in
their supplied force, e.g., pressure or volumetric flow rate.
Such fluctuations affect the flow rates in all channels and
may have an impact on the behavior of the microfluidic
network.

The first two effects lead to geometry changes of the channels,
which affect the flow rates and pressure drops in the network.
The last effect directly influences these values. As a result,
such defects may have a severe impact on the behavior of the
device. Accordingly, designers may want to anticipate those
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defects already in the design process and, if possible, derive a
design which works as robust as possible with respect to these
defects.
IV. ROBUSTNESS OF M ICROFLUIDIC N ETWORKS
In the previous section, we discussed different physical
defects and how they could lead to erroneous behavior of
the microfluidic network. Thus far, none of these potential
defects are considered in the design process. This is a significant disadvantage since those defects are likely to occur
(as discussed in previous evaluations such as [8], [9], [6], [5],
[7]) and, then, will probably lead to an erroneous behavior—
thus rendering the fabricated device useless. At the same time,
it is clearly possible to design a microfluidic network in a
robust fashion, e.g., by specifying the channel geometries in a
way so that, even if certain amounts of fabrication defects,
PDMS deformation and swelling as well as fluctuation of
supply pumps occur, the desired behavior of the microfluidic
network is still guaranteed. However, such considerations are
not possible yet, because so far no method nor proper models
for analyzing the robustness of a microfluidic network exist.
In the following, we address this issue. To this end, we first
describe the objectives of an according robustness analysis.
Afterwards, we propose two robustness models, which allow to
explicitly quantify the resulting robustness—eventually yielding a metric defining the robustness of a microfluidic network.
This is then used as basis for the proposed robustness analysis
described in the following section.
A. Objectives
A microfluidic network is always designed in a way that it
realizes an intended behavior or a specific task. Obviously,
robustness analysis is to find out how much defects in a
microfluidic network can jeopardize this behavior or the tasks
to be conducted. To this end, the designer first has to define
what is important for the desired behavior/tasks. Here, several
objectives may exists such as
• the ratio between two flow rates must have a certain value,
• a droplet has to follow a desired path inside a microfluidic
network,
• a droplet has to stay inside a trap and must not be
squeezed through any gap, or
• the time a droplet needs to pass a specific channel must
be beneath/above a given value.
Obviously, these objectives have to be satisfied by the initial
design, i.e., the ideal design without defects, which serves
as starting point for the robustness analysis. Then, the goal
is to check whether defects, as described in Sec. III, have
an effect to any of the objectives. This can be done by
assuming those defects, i.e., changing the channel geometry
or imposing fluctuations in the supply of the pumps, and
determining whether the objectives are still satisfied. If this
is the case, the design is robust against the assumed defects;
otherwise it is not. However, since of course an infinite
number of combinations of defects can be assumed in general,
the definition of corresponding models is required. This is
provided next.
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B. Robustness Models
The number of defects which may occur in a microfluidic
network is infinite. Therefore, in order to analyze the robustness of an entire microfluidic network design, corresponding
robustness models are required. The main idea is thereby to
abstract from the actual defects (as done for conventional
integrated circuits, e.g., by fault models for testing [33], [34]
or by models for robustness [35], [36], [37]).
For the microfludic networks considered here, this can easily
be done since all defects reviewed before in Sec. III can be
described by
•
•

changes in the dimensions of a channel (i.e. changes in
the channel’s length, width, and height) or
changes in the forces supplied by the pumps (i.e. changes
in the pressure and/or the volumetric flow rate).

Those changes can easily be imposed to the initially given
design—both, in absolute as well as relative terms. This leaves
the question where and how many defects shall be considered.
To this end, we propose two types of robustness models in the
following.
•

Single-Defect-Model: This model assumes that the microfluidic network only contains a single defect of a
particular channel or pump and, thus, assumes all other
channels or pumps are defect-free. Therefore, it considers
a single change in either one of the three dimensions of
a channel (i.e. the channel’s length, width, and height) or
a defect in the supplied force of a pump (i.e. the pump’s
pressure and volumetric flow rate). The aim of this model
is to state the minimal and maximal change a single
defect can cause without harming any of the network’s
objectives. As a result, a network with a single defect is
considered robust according to the single-defect-model,
when this defect lies inside its corresponding minimal/maximal limits. Moreover, a consideration of single
defects may also provide valuable information concerning
the robustness of a network for multiple defects (i.e.,
defects which occur simultaneously), like it is the case
in other domains such as the Automatic Test Pattern
Generation for electronic circuits [38], [39].
Example 1. Consider the channel c5 from the running
example introduced in Sec. II-C and illustrated in Fig. 2.
Furthermore, assume that the ideal (i.e. defect-free)
height of this channel is hc5 = 60µm and the minimal
defect as well as the maximal defect are determined by
the values ∆min (hc5 ) = 0.783 and ∆max (hc5 ) = 1.691,
respectively. Then, this network still satisfies its objectives
even if defects reduce the channel height to a value of
hc5,min = hc5 · ∆min (hc5 ) = 46.98µm or increase it to a
value of hc5,max = hc5 · ∆max (hc5 ) = 101.46µm. That is,
the network is robust according to the single-defect-model
(assuming a defect affecting the height of channel c5),
as long as this defect does not exceed these limits.
Obviously, the more those limits differ from the initial
value the better the robustness of the network. Similarly,
the robustness for width and length as well as for other
channels and pumps can be described.
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•

The robustness with respect to the single-defect-model
can either be assessed for all channels/pumps of the
microfluidic network or only on those which are specified
by the designer. Hence, this model is a good choice, when
the designer wants to know how sensitive the network
is with respect to a single channel dimension or pump.
However, it does not consider multiple defects occurring
simultaneously (such as PDMS swelling which affects
multiple/all channels). As a result, a network which is
robust according to the single-defect-model does not
necessarily have to be robust against multiple occurring
defects. This issue is addressed by the next robustness
model.
Multi-Defect-Model: This model assumes that multiple
defects occur simultaneously in the microfluidic network.
Therefore, it considers defect combinations of channels
and pumps, where it is also possible that multiple defects
cancel each other out. The model considers defects on
all three dimensions (i.e. length, width, and height) of
all channels as well as defects on the supply force of
all pumps. Compared to the single-defect-model, where
the amount of defects grows linearly with the number
of channels/pumps, the amount of different defect combinations in the multi-defect-model grows exponentially
with the number of channels/pumps. As a result, it is
very difficult to consider all these defect combinations—
even for small networks. Moreover, all defects affect each
other and are hard to decouple, which makes it nearly
impossible to define minimal/maximal limits for each
channel/pump as in the single-defect-model.
To overcome this problem, the model proposed here takes
another approach and does not state the minimal/maximal
defect limits of all possible combinations (which is infeasible anyway), but considers multiple defects according
to a normal Gaussian distribution (assuming a certain
standard deviation). The multi-defect-model now allows
to determine how likely it is for the network to fulfill
the desired objectives, when all defects are based on
this normal Gaussian distribution with a certain standard
deviation. The standard deviation can be adjusted by the
designer and is usually chosen in such a way that it
matches the standard deviation of the fabrication process
or the fluctuation of the pumps. This value can also
be adjusted individually for each channel/pump, which
may give more accurate results. Therefore, it is possible
to make a statement about, how likely it is to get a
network with the intended behavior after the manufacture.
Eventually this yields a robustness metric of much higher
quality than the single-defect-model, because multiple
defect combinations are considered and, hence, works as
suitable compromise between efficiency and accuracy.

Example 2. Consider again the running example from
above and let’s assume the analysis of the network
according to the multi-defect-model is based on defects
determined by a normal Gaussian distribution and a
standard deviation of σ = 0.15. Then, this network has a
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robustness of pSuccess = 93.35% 3 , i.e., there is a 93.35%
chance that a network fabricated based on the given
specifications still satisfies the objectives even if multiple
defects (defined according to a normal Gaussian distribution) within the standard deviation occur. Obviously, the
larger this probability, the more robust is the microfluidic
network. If the designer manages to determine a design
with pSuccess = 100% for a standard deviation that is
in-line with his/her respective standard deviation of the
fabrication process and pump fluctuations, there is a good
chance that the design always can be fabricated so that
the desired behavior is employed.
These considerations eventually provide a definition of
the robustness of a microfluidic network: A corresponding
network is considered robust under the respectively applied
model, if changes in the channel geometries and/or pump
forces (within a particular interval or standard deviation)
still yields the desired behavior, i.e., the satisfaction of the
considered objectives summarized above. The fact whether
single or multiple defects are considered, the size of the
interval or value of standard deviation as well as the number
of satisfied objectives obviously is an indication about the
quality of the robustness. How this can be efficiently analyzed
is addressed in the next section.
V. A NALYZING ROBUSTNESS
Having the foundations from above, we now can describe
how the robustness of a given microfluidic network can
be analyzed. As stated above, all discussed defects can be
described by changes in the dimensions of a channel or by
changes in the forces supplied by the pumps. To analyze their
effect on the objectives of a network, the physical description
reviewed in Sec. II-B as well as corresponding simulators
(available, e.g., in [27]) can be utilized. In the following,
we are describing a possible approach. To this end, we first
present a brief overview of the used simulator and its working
principles. Afterwards, the analysis scheme is outlined in
detail. Please note that the final result of the analysis does
not yield information on whether a defect really occurs in
a fabricated network, but provides crucial information on
whether the resulting device would withstand such defects
(i.e., whether the resulting device would be robust against such
defects).
A. Simulator
In the proposed robustness analysis, we are utilizing the
simulator proposed in [27] which is based on the 1D model
reviewed in Sec. II-B. The simulator captures the behavior of
a microfluidic network in five steps:
1) Initialization: In order to simulate a droplet-based microfluidic network, the designer has to initialize the
simulation first. This means, the designer has to provide
the following specifications:
• Dimensions of all channels (i.e. their length, width,
and height)
3 Note

that how this value is determined is described later in Sec. V-B2.
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Structure of the network (i.e. how the channels/pumps are connected with each other)
• Pressure or volumetric flow rate of the supply
pumps
• Properties of the continuous and dispersed phase
(viscosity, density, interfacial-tension)
• Droplet volumes and their injection times
After passing these specifications to the simulator, the
actual simulation process can start and the following
steps are performed in a loop.
Compute flow state: The simulator converts the channels and droplets into their equivalent hydrodynamic
resistances and derives a linear equation system that
captures the physical behavior as described in Sec. II-B.
This equation system is then used to determine the
instantaneous flow state (i.e. pressure drops and flow
rates in all channels) inside the microfluidic network.
With the obtained flow rates, it is possible to determine
the droplet velocities, which are required for the next
step.
Compute next event-time: An event is basically an
incident, which changes the current flow state of the
microfluidic network and can be triggered by
• injecting a droplet into the network,
• a droplet flowing into another channel, or
• a droplet leaving the network.
Therefore, the simulator computes the time when the
next event gets triggered, which is achieved by using
the previously computed droplet velocities.
Update system state: The simulator updates the system
state (i.e. droplet positions and their resistances in the
channels) accordingly to the occurred events and droplet
velocities.
Termination condition: If a termination condition is
reached (e.g. all droplets left the network), the simulation stops, otherwise, the simulator continues with Step 2
and computes the flow state again. Because the simulator
stores each system state at every time step, the paths
of the droplets as well as the flow states can be easily
obtained.
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2)

3)

4)

5)

Overall, after initializing the simulator, it always re-calculates
the flow state of the network, when the old one becomes
invalid due to an occurrence of an event. A huge advantage of
such an event-based simulation compared to CFD-Simulations
tools like Comsol Multiphysics, Ansys, or OpenFoam (such as
proposed in [40], [41]) is that the computational time is much
lower and, therefore, allows to simulate even large microfluidic
networks in negligible runtime—yielding an ideal compromise
between efficiency and accuracy. In fact, works such as [29]
showed that the 1D-model provides a sufficient abstraction
of the real world and can be used to describe the behavior
of a microfluidic network (even if some details which can
be provided by CFD have to be ignored for this purpose).
Moreover, the small computational time is also helpful, when
a large amount of simulations have to be conducted (as it is
required in the robustness analysis considered here), which
would be computationally infeasible using CFD simulations.

Fig. 3: Equivalent electrical network

B. Determination the Robustness
Using the simulator as well as the models reviewed and
introduced above, respectively, the robustness of a microfluidic
network can now be determined by taking the corresponding
design, converting it into the proper model to be used by
the simulator, and iteratively employ changes on the design
(according to the model) as well as observe how those changes
affect the objectives. In the following, we describe the required
steps in general and exemplary illustrate this using the running
example reviewed before in Sec. II-C.
First, the structure of the network and the dimensions of the
channels are converted into the 1D model. To this end, each
channel of a network is represented with its hydrodynamic resistance. Furthermore, the start and end points of each channel
are represented by nodes. These nodes and the information
about what channels are connected to them are passed to the
simulator—defining the structure of the network.
Example 3. Consider again the running example as shown in
Fig. 2. To analyze its robustness, we first convert all channels
into the 1D model. This is sketched in Fig. 3, where the respective hydrodynamic resistances and the resulting structure of
the network are provided in terms of an electrical circuit (see
Sec. II-B). Note that also trapping wells (i.e. c3 and c8) can be
modeled by hydrodynamic resistances, however, additionally
the Laplace pressures between the entrance and exit of the
traps have to be checked, in order to determine if a droplet
gets squeezed through any gaps. Moreover, we observed from
the results in [9] that the volumetric flow rates at the input
channels (i.e. c1 and c6) of the trapping well don’t change,
but rather stay constant during time. Therefore, this can be
modeled in the 1D analysis model by using two current sources
(i.e. p1 and p2). The initial dimensions of the channels are
provided in Tab. I, which are taken from [9]4 .
After defining the structure and the channel dimensions of
a network, the fluid properties as well as the supply forces
of the pumps, i.e., the pressure drops and/or volumetric flow
rates of each pump, have to be defined. Moreover, the two
4 Please note that we combined the two channels/gaps behind each trap
into one channel (i.e. c4, c9), which does not make any difference in the
1D analysis model, because these channels are not meant to be passed by
a droplet. Therefore, we considered this by half the length of the channels
c4 and c9, respectively. Furthermore, note that the the input (i.e. c1 and c6)
and output channels (i.e. c11 and c13) are not included in the robustness
analysis, since they are only used to guide the droplets towards/away from
the trapping well and, thus, work as a predefined start/end point. Therefore,
they are modeled as very long channels with a large hydrodynamic resistance
so they don’t affect the behavior of the trapping well.
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TABLE I: Channel dimensions
Channels

Length [µm]
Width [µm]
Height [µm]

c1

c2

c3

c4

c5

c6

c7

c8

c9

c10

c11

c12

c13

2000
120
60

109
120
60

170
170
60

72/2
25
60

4000
120
60

2000
120
60

109
120
60

170
170
60

72/2
25
60

4000
120
60

2000
120
60

50
50
60

2000
120
60

TABLE II: Fluid properties
Fluid Settings

µc [Pa s]
µd [Pa s]
ρc [kg/m3 ]
γ [N/m]

F1

F2

4.565e-03
1e-03
913
0.042

9.3e-03
1e-03
913
0.042

droplet streams have to be specified, i.e., the droplet volumes
and at which times the droplets appear at the corresponding
input channels.
Example 4. For our running example, we can obtain these
required values from the results reported in [9]. Accordingly,
the volumetric flow rates of the pumps are identically set
µl
to Qp1 = Qp2 = 4, 6914 min
. Moreover, the volumes of all
droplets are defined by Vdroplet = 1.728 · 10−3 µl. Besides the
volume, we also have to define at which times the droplets
appear at the input channels of the trapping well (i.e. c1
and c6). Therefore, we define a time interval ∆t = 0.1s,
which specifies the period at which droplets occur at the
input channels of the corresponding droplet streams and flow
towards the trapping well. In our considerations (and in order
to illustrate the impact of different fluids), we assume that two
different fluid settings as given in Tab. II are used, i.e., F1
and F2. For both fluid settings the dynamic viscosity of the
continuous phase µc , and the dispersed phase µd as well as the
density of the continuous phase ρc and the interfacial-tension
γ are provided. The used fluids for the continuous phase of the
fluid settings F1 and F2 are silicon oils and are also taken
from [9]. Moreover, the fluid for the dispersed phase is in
both cases ultra-pure water. These different fluid settings are
considered in the remainder of this work.
Finally, the objectives of the network have to be specified. If
these initial objectives are satisfied (according to the conducted
simulations), the respective simulation run is marked “success”. The total number of “success” simulations eventually is
used to determine the robustness values.
Example 5. The objectives of the trapping well can be easily
obtained from its working principles described in Sec. II-C
(cf. Fig. 2). More precisely, the following issues are important
here:
• If a droplet reaches a trapping well, which is not yet
occupied, it has to flow into the corresponding trap.
• If a droplet reaches a trapping well, which is already
occupied, it has to flow through the bypass channel
(channel c5 or c10) towards the next trapping well.
• If a droplet is already inside a trap it must no be squeezed

through any gap.
If any of these objectives is not satisfied, the network does
not work as intended. The network is considered robust if
this never happens even if defects according to the considered
robustness model exist.
Having all that, robustness analysis can be conducted as
outlined in the following for the two robustness models.
1) Analysis Assuming the Single-Defect-Model: The
single-defect-model considers a single defect of a channel
and/or pump, while all other channels/pumps are assumed to
be defect-free. In order to determine the minimal and maximal
values of all defects, so that the objectives of the network are
still satisfied, each dimension (i.e. length, width, height) of all
channels and all supply forces of the pumps (i.e. pressure drop
and/or volumetric flow rate) are separately considered. More
precisely, their respective values are in-/decreased until the
objectives of the microfluidic network are no longer satisfied.
It is not possible for a minimal defect to reach values
smaller than 0.0, which would lead to a negative parameter5 .
Vice versa, there is no point in increasing the maximal defect
as large as possible. Therefore, we defined bounds of the
minimal and maximal defect by 0.5 and 2.0, respectively. The
motivation behind these limits is that it is very unlikely for
defects to change the dimensions of a channel by the factor
0.5 or 2.0, or that pumps fluctuate in such a wide range.
If such large deviations occur, something is probably wrong
with the fabrication process or the pumps6 . Thus, we consider
the corresponding dimension and pump as robust, when the
defect can reach the values 0.5 and 2.0, without harming the
objectives of the network. Moreover, the simulation is faster,
if the limits for the minimal/maximal defects are not too large,
because a smaller search space has to be considered.
Example 6. Consider again the running example as well
as the settings and constraints discussed in Examples 3,
4, and 5. Furthermore, assume the minimal value for the
defect of the height of the channel c5 should be determined,
i.e., ∆min (hc5 ). When considering the lower bound of 0.5,
the defect can reach values from 0.5 < ∆min (hc5 ) < 1.0,
which also defines the search space. In order to determine the actual value for ∆min (hc5 ), a start value has
to be defined; for example the middle of the interval
∆min (hc5 ) = 0.75. This defect value is multiplied by the
initial height hc5 = 60µm of the channel, in order to get
the defect-height hc5,defect = ∆min (hc5 ) · hc5 = 45µm. Using
5 Please note that defect values are always relative values with respect to
the initial value.
6 Of course, these bounds can always be revised according to the designer’s
experience.
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the simulator with this updated value allows us to check
whether the objectives of the network are still satisfied. If the
objectives are not satisfied anymore, the defect was too large
and, therefore, we have to search the defect value in between
0.75 < ∆min (hc5 ) < 1.0. Otherwise, the defect value lies in
between 0.5 < ∆min (hc5 ) < 0.75. This search process can
now be repeated, until a desired accuracy is reached, which
can also be specified by the designer. Similar, the maximal
defect of the height ∆max (hc5 ) can be found with a search
process between the initial value and the upper bound defect
limit, i.e., 1.0 < ∆max (hc5 ) < 2.0.
2) Analysis Assuming the Multi-Defect-Model: The
multi-defect-model assumes multiple defects on all
channels/pumps in the network, which allows to consider
defect combinations. As discussed in Sec. IV-B, this model
does not consider minimal/maximal defect limits as the
single-defect-model, but considers the injection of multiple
defects—determined by a normal Gaussian distribution with
a certain standard deviation.
Such defects are generated for all dimensions of each
channel as well as for all pumps7 . After applying all random
defects to the network, the simulation starts. Next, the results
of the simulation are compared with the initial objectives and,
if they are satisfied, the simulation is marked “success”. This
entire process is repeated N times—every time with different
random defects that share the same standard deviation. In other
words, a so-called Monte-Carlo-Simulation is conducted. The
number of “success” simulations divided by the number of
total simulations eventually yields the robustness value. More
precisely, a probability value results that states how likely it
is to fabricate a microfluidic network, which does work as
intended.
Example 7. Once more, consider the running example with
the settings and constraints discussed in Examples 3, 4, and 5.
Moreover, assume that N = 20 000 simulations are conducted,
where each simulation considers defects according to a normal
Gaussian distribution with mean µ = 1.0 and standard
deviation σ = 0.15. NSuccess = 18 670 simulations fulfilled
the initial objectives and are marked as “success”. Therefore,
we are able to calculate a probability value of
NSuccess
= 93.35% .
(7)
N
This probability value indicates, how likely it is to get a
network which does work as intended.
pSuccess =

VI. R ESULTS & D ISCUSSION
In this section, we present and discuss the results obtained
by the proposed robustness analysis as well as the respectively required computational efforts. To this end, the methods
described above have been implemented in Java on top of
the open-source simulator provided in [27]. The resulting
method has then been evaluated using a single trapping well
of the microfluidic network taken from [9] (cf. Sec. II-C)
7 Of course, the designer can also choose to consider defects in channels
only or defects in pumps only.
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for which both, detailed specifications and fabrications, are
available, as described in Tab. I and Tab. II. The evaluations have been conducted on a regular laptop with an
Intel Core i5-8250U @ 1.60/1.80GHz and 8GB RAM running
Windows 10. In the following, the obtained results considering the single-defect-model and the multi-defect-model are
presented and discussed.
A. Results of the Single-Defect-Model
In order to conduct a robustness analysis for single defects,
we applied the robustness model proposed in Sec. IV-B and
the objectives as well as methods discussed in Sec. V. Here,
a single defect either on one of the channels or on one of the
pumps of the design from Fig. 2 is considered. Furthermore,
two different fluid settings (with properties as already summarized in Tab. II and denoted by F1 and F2) are considered
to additionally evaluate the impact of different fluids. Tab. III
summarizes the correspondingly obtained results. Here, each
column represents the results obtained for one of the fluid
settings. The rows provide the minimal and maximal defect
value that is possible for a channel’s width (∆w,min , ∆w,max ),
height (∆h,min , ∆h,max ), and length (∆l,min , ∆l,max ) as well as
for each of the pumps (i.e. ∆min , ∆max ), so that the considered
objectives are still satisfied. Please note that the defect values
in the table represent relative values; in order to get the
absolute minimal and maximal values the values from the table
have to be multiplied with the given value of the channel
dimension or supply force of the pump. Furthermore, as
described in Sec. V-B1, the value for the minimal and maximal
defect is limited to 0.5 and 2.0, respectively. Channels/pumps
which values go beyond this limit are considered very robust
with respect to the single-defect-model and, hence, are not
explicitly listed in Table III. As a result, only the two gaps
(i.e. c4 and c9), the two bypass channels (i.e. c5 and c10) and
the two pumps (i.e. p1 and p2) are listed in the table. Since the
design of the trapping well is symmetrical, the corresponding
channels and pumps also have the same defect values.
This already provides a very helpful result for the designer.
In fact, from this, it can be concluded that the design proposed
in [9] is already very robust for most of its channels (assuming
the single-defect-model). Only the channels c4, c5, c9, and
c10 are rather sensitive to fabrication defects and, hence, it
is important to have a special focus on these four channels
during the fabrication process. Furthermore, it can be observed
that the robustness of the network is substantially better for
the fluid combination F1 compared to the fluid combination
F2. This indicates that the fluid combination F2 is maybe
not the best choice for this microfluidic system. As provided
in the bottom of Tab. III, the total computational time for
the analysis assuming the single-defect-model is 4 seconds
for each fluid combination. That is, the data needed to draw
these conclusions on the robustness of the network can be
determined in negligible time.
B. Results of the Multi-Defect-Model
In this section, we present the results of the robustness analysis when the multi-defect-model is used (considering the same objectives as before). As discussed above, a

IEEE TRANSACTIONS ON COMPUTER-AIDED DESIGN OF INTEGRATED CIRCUITS AND SYSTEMS

TABLE III: Results obtained with the single-defect-model
Fluid Settings
F1
Channels: c4, c9
∆w,min
0.604
∆w,max
> 2.0
Channels: c5, c10
∆w,min
< 0.5
∆w,max
> 2.0
∆h,min
0.523
∆h,max
1.691
∆l,min
< 0.5
∆l,max
> 2.0
Pumps: p1, p2
∆min
0.539
∆max
> 2.0
Computational
Time

F2
0.604
> 2.0
0.669
> 2.0
0.783
1.691
< 0.5
1.946
0.539
1.707

4s

4s

TABLE IV: Accuracy of robustness analysis
Number of Simulations (N )

pSuccess [%]

10

100

1000

10 000

20 000

30 000

60.00

81.00

74.50

75.95

75.80

76.28

Monte-Carlo-Simulation approach is employed for this purpose. Obviously, the accuracy of this strongly depends on the
number of conducted simulation runs. Hence, in a first series
of evaluations, the effect of the number of runs to the obtained
results is considered. To this end, Tab. IV lists the results of the
analysis of the multi-defect-model for the fluid combination
F1 and defect values based on a normal Gaussian distribution
with a standard deviation of σ = 0.20. As it can be observed
from the table, the values for pSuccess fluctuate in a wide range
for a small number of simulation runs (i.e. N ≤ 100), while
it converges to a certain value of around 76.00% when more
simulation runs are conducted. In fact, further increasing the
number of simulation runs does not lead to much better/more
accurate values which is why we decided to set the number
of simulations in the analysis of the multi-defect-model to
N = 20 000; a value which yields a sufficient accuracy.
Based on that, a second series of evaluations was conducted to analyze the robustness of the considered design
with respect to the multi-defect-model. The correspondingly
obtained results are shown in Tab. V. As in the table of the
single-defect-model, each column represents the results for one
of the fluid settings described above, i.e., F1 and F2. The rows
show the success rate pSuccess for different standard deviations.
Furthermore, to provide more detailed insights on the impact
of defected channels and pumps, we distinguish the results
by considering only channels as defect (provided in Tab. Va),
only pumps as defect (provided in Tab. Vb), and both as defect
(provided in Tab. Vc).
As can be seen from the results, the channels have more
impact on the network than the pumps. In fact, from these
results, the designer can conclude that defects in the channels
might be the most likely cause for unintended behavior in the
network. Moreover, the fluid combination F2 always shows
a lower success rate than the fluid combination F1, which
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correlates with the results from the single-defect-model and,
again, indicates that the fluid combination F2 is maybe not
the best choice for this microfluidic system. Finally, also a
rather general conclusion on the robustness of the design can
be drawn: If the designer can ensure a fabrication process
and a pump behavior, which yields actual results that do not
differ by a maximal standard deviation of σ = 0.05, then
there is a good chance that the fabricated design works as
expected with the fluid combination F1 (cf. second row of
Tab. Vc: pSuccess = 100%). In contrast, if the respectively
used setup is known to employ deviations of σ = 0.35 or
more, the chance to obtain a correct working network is only
21.12% for the fluid combination F1. In this case, probably
alternative realizations/specifications should be sought. Considering that the variations of fabrication processes is often
known8 , a robustness result such as that can significantly help
the designer to decide whether his/her design indeed is robust
enough or should be improved. Although the runtime needed
to determine the results is substantially larger than for the
single-defect-model, 13 minutes of simulation time still is
acceptable.
Overall, these evaluations confirmed the benefits of the
proposed robustness analysis and showed that corresponding
analyses are indeed feasible. It provides designers with a
simple metric to decide how sensitive designs for microfluidic
networks, corresponding devices such as pumps, or utilized
fluids are against defects. This helps designers to improve their
microfluidic device, since it allows them to locate critical parts
(e.g., channels, pumps, etc.), which have a major impact on
the behavior of the device and where the designer have to put
a special focus on. Compared to the current state-of-the-art,
where no robustness analysis is available at all and designs are
determined in a “trial and error”-fashion (i.e. corresponding
devices are fabricated and eventually tested; as also done in [9]
for the microfluidic network considered here), this constitutes
a substantial improvement.
VII. C ONCLUSION
In this work, we proposed models and methods for a robustness analysis of microfluidic networks. This is motivated by
the fact that the realization of these devices frequently yields
defects caused by fabrication tolerances, pressured induced
deformation, swelling of soft structural materials (i.e. PDMS),
or fluctuations in the supply force of pumps. This may result
in unintended behavior of the network—rendering the network
useless. Therefore, designers would like to anticipate the effects and create designs which are robust against those defects.
In order to address this, corresponding models and methods
have been presented, which allow designers, for the first time,
to evaluate the robustness of their microfluidic designs. The
proposed models target single defects as well as multiple
defects. Finally, the applicability of these models with respect
to quality and effort has been demonstrated and discussed.
The resulting robustness analysis gives designers important
8 In fact, often corresponding correction factors are employed because of
that.
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TABLE V: Results obtained with the multi-defect-model
(a) Channels

(b) Pumps

Fluid Settings
F1

F2

pSuccess [%]
σ = 0.05:
σ = 0.10:
σ = 0.15:
σ = 0.20:
σ = 0.25:
σ = 0.30:
σ = 0.35:

100.00
99.76
93.68
78.15
57.98
39.15
24.72

100.00
94.27
75.66
53.78
36.22
22.13
13.15

Computational
Time

13 min

13 min

(c) Pumps and channels

Fluid Settings
F1

F2

pSuccess [%]
σ = 0.05:
σ = 0.10:
σ = 0.15:
σ = 0.20:
σ = 0.25:
σ = 0.30:
σ = 0.35:

100.00
100.00
99.73
97.54
92.80
86.43
81.10

100.00
100.00
99.72
97.47
92.29
85.03
77.18

Computational
Time

13 min

13 min

insights on how to specify their microfluidic networks so that
it becomes less affected to physical defects. By this, this work
provides a fundamental basis for analyzing the robustness of
microfluidic networks with respect to defects in channels and
pressure sources. Future work may build up on that by, e.g.,
addressing further components such as droplet sorting, droplet
generation, etc. as well as the support of further defects and
characteristics (such as channel roughness).
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